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ABSTRACT
The 0-Hecke algebra Hn(0) is a deformation of the group algebra of

the symmetric group Sn. It is a C-algebra generated by π1, π2, . . . , πn−1

(resp. π1, π2, . . . , πn−1) which are idempotents (resp. anti-idempotents)
and satisfy the braid relations of Sn and has a basis {πσ}σ∈Sn

(resp.
{πσ}σ∈Sn

).
The first theme of this talk concerns the projective covers of

Hn(0)-modules Vα, Xα, and Sσ
α which categorify the dual immaculate

quasisymmetric function, the extended Schur function, and the
quasisymmetric Schur function when σ is the identity, respectively. We
show that the projective cover of Vα is the projective indecomposable
module Pα due to Norton, and Xα and the ϕ-twist of the canonical
submodule Sσ

β,C of Sσ
β for (β, σ)’s satisfying suitable conditions appear as

Hn(0)-homomorphic images of Vα. Moreover, we construct the
projective cover of every indecomposable direct summand Sσ

α,E of Sσ
α.

The second theme of this talk concerns cyclic Hn(0)-modules of the
form Hn(0)πσπρ. We find a basis for Hn(0)πσπρ whose elements are
parametrized by a left Bruhat interval. Furthermore, we describe
Pα,Vα, Xα, and Sσ

α,E as the form Hn(0)πσπρ. In addition, we give an
explicit (anti-)automorphism twists, the induced module, and the
restricted module of Hn(0)πσπρ.
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